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16.3. YACTHBIE NPOH3BONHBIE |

JlaauM aprymMeHTy X npupaiueHue 4x, a apryMeHTy y
npupaiueHue Ay.
Torma GyHKIMA Z MOJTYYUT 3HAYCHUE

f(x+Ax,y+Ay)

Benuuuna

Az = f(x+Ax,y+Ay)— f(x,))

HA3bl6aemcsa NOAHBIM npUpauwieHuem PyHKuuu 6
mouke (x,y).




Eciu 3a1aTh TOJBKO NPUpAaINIeHHAEe X WIH ), TO

Az=f(x+Ax,y)—f(x,))

Ayz=fx6y+Ay) = f(x,)

- YaCTHbIE NPpUpPALNeHUA QYHKIIMH.
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Ilonnoe npupawenue hynkyuu 6 oowem ciayuae
Hepaeuo cyme YACMHbBIX npupamenuﬁ:
Az#A z+A z
X Y
as— :( = o S=E




NPUMMIEP.

Haitmu nonnoe u uacmuole npupauieHus

¢dynkuuu




Az=(x+Ax)-y—x-y=
=N+Ax-y—N=Ax-y

Az=x(y+Ay)—x-y=

:\4+x-Ay—N=x-Ay




Az=(x+Ax)-(y+Ay)—x-y=

=N

Ax-y

x-Ay

Ax-Ay - =

=Ax-y+x-Ay+Ax-Ay

JleuCTBUTEJIBLHO

Az#A z+A z




Yacmnou npou3zeo0non hynKuyuu HeCKOIbKUX
NePEeMEeHHbIX N0 0OHOU U3 IMUX NEPEMEHHBIX
Hazvleaemcs npeoesl OMmHOULeHUA
COOMBEMCmMEYIULe20 YacCmHo20 RPUpauieHus
(ynkuuu Kk npupauwienuro paccmampueaemou
HEe3a8UCUMOIL NEPEMEHHOI, NPU CIPEeMIeHUU
npuUpauieHus1 NePpemerHoll K Hy.

, ., 0z Oz , ,
Do Zyo o o 1), [ (xp)
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Z; — lim AxZ — lim f(x+Ax,y)—f(x,y)
Ax—0 Ax Ax—0 Ax

A,z fx,y+Ay)— f(x,p)

= lim
Ay—0 Ay Ay—>0 Ay

’ _ ®
zZ, = Iim




U3 onpenesieHUss YaCTHON MPOU3BOIHOU CJIEAYeT, YTO

w /
IJISl HAXO0K/I€HMSI IIPOU3BOAHOM Z..

HY>KHO CYMTATh NMOCTOSIHHOW TNEpPEeMEHHYI0 y, a JJIs
w /
HAXO/IEHUs] NPOM3BOAHOH Z

HYKHO CYUTATH IMOCTOSIHHOM NEPEMEHHYIO X.

Ipu HAXOKICHUU YaCTHBIX NMPOM3BOAHBIX
COXPAHAIOTCH N3BECTHDBIC paHee MPAaBUJIA
g epeHIUPOBAHUS.




NPUMMIEP.

Haiuumu yvacmnuie npouszeoonvie
¢pynkyuu

Z=x-1ny+Z

X







BBeaeM mNOHSITHE YACTHBIX INPOM3BOAHBIX BTOPOIO
MOPsSiAKA.

Ecan yacTHbIE IPOU3BOIHbIE

, Oz . 0z
Zx = — /| Zy = —
OX 0y
caMM ABJAIOTCHA Tu(pdepeHInpyeMbIMHA (PYHKIIUAMMU,
TO MOKHO HAWUTH MX YaCTHbIe MNPOU3BOAHBIE,
KOTOPbI€ HA3HIBAKOTCH YACTHLIMHU MPOU3BOIHBIMH
BTOPOI0 MOPS/AKA:







MoxHO TaKKe OIpPEaeIUTh CMEIIAHHBbIE
IMPOM3BOAHbIE:

0’z
OXOy

zy, = fo(xy) =

ST
P et —— = =
- IR e
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Ecnu uacmuuoie npouszeoonvie 6mopozo nopaoka
dyuxuuu z=f(x,y) nenpepoienst 6 mouxe (x,y ),
Mo 6 IMOIL MmouUKe CMEeULaHHble NPOU3BOOHDBLE
PABHbL:

fx’),/(x09y0) = fy’)’c('x09y0)
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Bvtuuciums uacmusie npouzeoonsie
8MOpPO20 NOPAOKa pyHKuuu
2 .
z=3x"+XxsIny
6 mouke (1,0).
L il :4* =& o =




. 0z .
z =—=0x+smy
Ox




z' (1,0) =6

z.,(1,0)=0

z,,(1,0)=0

z (1,0) =0




